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Varianta 066 
 

Subiectul I 
a) 7 . b) 22 .c) ( ) ( ) ( ) 421-x :2 , 22 =−+ ycC . d) 1=ABCS . 

e) 060

1132

1213

1321

1

=−++⇔= zyx

zyx

.f) 102b -3,a == . 

 
Subiectul II 
1. a) grad P = 0 3⇒ polinoame. grad P = 1 6⇒  polinoame. grad P = 2⇒18 polinoame. 
deci 27 de polinoame de grad mai mic sau egal cu 2 in Z3[ ]x . 

b)Probabilitatea cerut este 
5

4
.c) numarul termenilor raionali este 11. d) 2log3log 32 > . 

e) Dac  x1, x2, x3, sunt radacinile polinomului 123 ++= xxf , atunci  

( ) ( ) ( ) 10212 2
323121

2
321

2
3

2
2

2
1 =⋅−−=++⋅−++=++ xxxxxxxxxxxx . 

2. :f R →R, ( ) 22xf xx +=  

a) ( ) xxf x 22ln2 +=′ . b) ( )
3

1

2ln

11

0
+=∫ dxxf . 

c) ( )  fx ,022ln2 2 ⇒∈∀>+⋅=′′ Rxf x este convex pe R. 

d) 
( ) ( )

1

1
lim

1 −
−

→ x

fxf
x

= ( )12ln2 + . e) 
( )
( ) 3

22ln2

2

22ln2
limlim

211

+=
+

+⋅=
′

→→ x

x

xf

xf
x

x

xx
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Subiectul III 

a) det A = ⇒≠=
−

03
21

30
 rang A=2. b) ( ) 2222 OAOOAOf =⋅+⋅= , 

( ) AAAAIIAIf 2222 =+=⋅+⋅= . 

c) ( ) ( ) ( )⇒⋅=+⋅=⋅+⋅=⋅+⋅= XfaXAAXaXAaAXaAaXaXAaXf  

( ) ( ) ( ) ∈∀∈∀=⇒ a ,Mx , 2 RxafaXf R. 

d) ( ) ( ) ( ) =⋅+⋅+⋅+⋅=+++=+ AYAXYAXAAYXYXAYXf  

= ( ) ( )YAAYXAAX +++ ( ) ( ) ( ) ( ) ( ) 2MY X, , ∈∀+=+⇒+= YfXfYXfYfXf (R). 

e) Se arata ca in spatiul vectorial ( )R2M  multimea 
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formeaza o baza.  
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f) si g) Daca 
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xx

xx
X  si 








=
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21

yy

yy
Y  din ( ) YXf = obtinem sistemul de ecuatii 

liniare: 
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cu determinantul  0

4310
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≠

−
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−

=∆ . 

Sistemul are solutie unica iar pentru Y = 0 obtinem X = 0. 
 
Subiectul IV 

a) ∈∀
−

=
−

−=
−
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−
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∈∀a R-{ }1 . 

b) Se inlocuieste a in relatia de la punctual a) cu 3 x− . 

c) Avem 
( ) [ ] ∈∀∈∀≥

+
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n ,1 0,x ,0
1 3
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d) Se integreaz relaiile de la punctul c) i rezulta 
( )

∫
++

≤
+
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+

+
+

b

n
n

n
b

dx
x

x
0

1
3

1
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1
3

1
3

11
0  i trecând 

la limit , având in vedere faptul c 0
1

3

1
lim

1
3

1

=
++

+
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b

n

n
, unde [ ]1 ,0∈b , ob inem  

( ) [ ]1 0,b ,0
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x
. 

e) Se noteaz ( ) dttdxttxtx 233 3=⇒==⇒= ϕ . Dac  x = 0 0=⇒ t , bx = 3 bt =⇒ . 
Ob inem 
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f) Integrând relaia de la punctul b) de la 0 la x obinem : 
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( ) ( ) ( ) ( )
∫ ∫ =
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Din d) ( ) ( ) [ ]∫ ∈∀=
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g) Din punctul f) ( ) [ ]∫ ∈∀
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func ie strict cresctoare pe [0, 1] i continu .. Dac  ( ) ( )( ) Q∩∈ 1,0 ggr  atunci din 

proprietatea lui Darboux ( )1,0∈∃⇒ x  astfel incat ( ) ,rxg = deci 

( ) ( ) ( )
Q∈



















+

⋅++
+

−+
+

−+
+++

∞→
1

3

1-
 ...

1
3

2
1

1
3

1
1

lim

1
3

1
3

2
21

3

1
1

n
xxx

x

n
n

n
. 

 

            

 


